Another non-trivial presentation of the trivial group

G = (a,b,c | bbab~ta™ !, ccbe™ b7t aaca" et

= {(a,b,c | aba™! = b*,beb™! = 2, cac™! = a?)

Then: aba™! =0?% so (aba™) ! =ab~ta™t =02,

so ab~! =b"2a. Also,

b%a = ab, so bab~! = b7 1(b%a)b = b~ (ab)b™! = b La.

Also,

b2ab=? = b(bab~ )bt = bb~tab™ = ab™! = b 2a.
2 = 2.

Then: cac™! = a?, so b(cac‘l)b_1 = b(a?)b~!. But

Similarly, ¢?b = be, so ¢b = ¢ 1be, and c2be™

b(cac™ )bt = - (be)ald c)~! = (*b)a(c?b) " = c*(bab™ ")
=c2(b ta)c™? = (*b~1c7?)(cPac™?)
= (c*bc™2)™ 1c(cac 1)c 1 (S_zb)__llc(az)c_1

2CL4

= b1 (cac™)? = b~ 1c?(a?)
and

b(a )b L= (bab )2 = (b71a)? =btab la=0b"1(ab"1)a
=b" (b 2a)a = b™3a?,

b

SO b_ a* =bp3 2,
so 2 =b(b~1ctat)a b(b a2) 1 =p2a72
So o2 — (02)_1 — (b~2a72)"! = a2b2,
Then be = ¢~ ( ) e _1bc)c = ¢ ?bc?
= (a 262) (b~ ) = b = a(aba™1)a™1

= ab’a™ (aba ) :( 2)2 = b4,
so c=b"1(bc) = b= 1(b?) = b3.
SobS =c?=beh™ ! =30t =03 Sob?=1,s0c=1.

Then a® = cac™! =a, so a = 1;

and then b2 =aba=! =b, so b = 1.

Consequently, a =b=c=1, so G = {1}.



